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NOMENCLATURE 
A Dimensionless amplitude PHer Hertzian contact pressure 
b Hertzian contact radius η Viscosity of lubricant 
h Lubricant film thickness α Viscosity pressure coefficient  
H Film thickness in dimensionless form, H=hR/b2 η0 Atmospheric lubricant viscosity 
H0 Central film thickness in dimensionless form ρ Density of lubricant  
l Lateral leakage limit distance ρo Atmospheric density of lubricant 
m Entrance distance λ Dimensionless wavelength 
p Hydrodynamic pressure td Deceleration/acceleration period 
P Hydrodynamic pressure in dimensionless form, P=p/PHer ts Stop period 

INTRODUCTION 
The effect of roughness was important in elastohydrodynamic lubrication, especially when the surface roughness was 

comparable to the film thickness. Mechanical components can be exposed to transient conditions that can damage the 
lubricant film, resulting in shorter service life of the component. In practical applications, lubricated contact surfaces are 
subjected to variations in the speed of the surfaces contact. For example, the operating cycle of cams, gears, and stepper 
motors exposed the bearings to rapid speed changes in a repeat sequence at the start-stop, resulting in squeeze film action, 
which led to a significant amount of pressure being generated between the contacts during the squeeze process, and as a 
result, an elastic dimple appears in the contacting surfaces. In order to extend the service life of tribological components 
and decrease wear and friction, it is important to understand the effect of contact surface waviness on transient 
elastohydrodynamic lubrication by squeeze action. 

Several researches have been done to study the mechanisms of transient elastohydrodynamic lubricated contact for 
surface speed variations, for example, presented by Glovnea and Spikes [1, 2], Al-Samieh and Rahnejat [3], Petr et al. 

ABSTRACT – The current study aims to study the characteristics of transient elastohydrodynamic 
lubrication of smooth and rough surface contacts subjected to intermittent motion for different 
inactive periods of motion and deceleration/acceleration periods to fulfill an identified need for such 
conjunction. In this case, the non-steady Reynolds’ equation, the film thickness equation with 
elastic deformation and taking into account the influence of surface roughness, and the load 
balance equation are simultaneously solved using the Newton-Raphson with Gauss-Seidel 
iterations method to determine the film profile and pressure distribution at various time steps. 
Surface contact of sinusoidal waves is presented with different amplitudes and wavelengths. The 
results indicated that surface waviness causes random oscillations in pressure and film profiles at 
different time steps. The greater the amplitude of the waviness, the more pressure and film profile 
variations occur. The magnitude of the pressure and film profile fluctuations becomes little 
noticeable as the wavelength of a wavy surface rises. The findings of this investigation also 
revealed that increasing the inactive duration for wavy surfaces results in zero minimum film 
thickness and surface contact. Squeezing action is ineffective in conveying loading capacity in this 
circumstance. The central and maximum pressure heights increase during the stop time interval 
as stop time increases. The centre film thickness increases at the end of the deceleration phase 
when the deceleration/acceleration period is reduced, but the minimum film thickness is unaffected. 
In fact, the minimum film thickness tends to be zero at the end of the deceleration phase, regardless 
of the deceleration/acceleration period. The central and maximum pressure increase during the 
stop time interval with the decrease of the deceleration/acceleration period. The difference between 
the results for smooth and wavy surface contacts is the appearance of fluctuations in film and 
pressure profiles, as well as the reduction of the film thickness and increase in pressure for the 
wavy surface when compared to contact with a smooth surface. 
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[4], Ming et al. [5], Ohno [6], Sperka [7], Alsamieh [8], Meziane et al. [9, 10], and Sivayogan et al. [11]. All previous 
studies, both theoretically and experimentally, have shown that the thickness of the film observed during the transient 
action is contrary to the predicted values using the theory of steady-state elastohydrodynamics at instantaneous speed 
since the thickness of the film will be zero as the speed of entraining motion reaches a zero value, which contradicts the 
results of both experimental and numerical transient action. The results showed that a dimple film shape was formed for 
the portion of the cycle with the increasing squeeze effect. 

Glovnea and Spikes [1, 2] experimentally investigated transient elastohydrodynamic for the fast halting, using an 
ultrathin interferometer to measure the lubricant film thickness and theoretically used the numerical solution of Grubin’s 
for elastohydrodynamic lubrication. Their investigations showed that the centre film thickness at the last moment of the 
inactive phase has little dependence on the primary speed but very strongly on the deceleration rate. Immediately before 
the stoppage is complete, the film thickness at the inlet rapidly decreases to constitute an entrapment. 

Recently, Duohuan et al. [12] theoretically studied the influence of variations of the squeeze elastohydrodynamic 
lubrication oil film in unidirectional and bidirectional intermittent motions for smooth contact surfaces. They studied the 
effects of varying stop time, acceleration/deceleration time, applied load, as well as the elliptic ratio in one-way 
intermittent motion on the characteristics of elastohydrodynamic lubricated smooth contact. Their investigations revealed 
that the change in the central and maximum pressures and central and minimum film thicknesses during the intermittent 
motion is the same as that of an impact-rebound process. The shape of the pressure versus time curve is also affected by 
the elliptic ratio and the applied load. They showed that for long intermittent period, the contact is actually a steady-state 
contact, so the characteristics of the oil film will be different from those of the oil film with a smaller intermittent period. 
Their results also revealed that for the same uniform entraining velocities, a decrease in acceleration time leads to a 
reduction in pressure and film thickness compared with a larger acceleration time and an increase in pressure and film 
thickness during stop time.  

Surface roughness can be integrated with mathematical models that assume actual or artificial surface feature. While 
the actual feature is complicated to deal with it numerically, artificial feature processing is easier and common. Previously, 
the rough surfaces of elastohydrodynamic lubrication have been studied with two approaches. The first approach is the 
stochastic method, which has been pointed out by many researchers, such as Epstein et al. [13], Wang et al. [14], and 
Masjedi and Khonsari [15]. Another approach is the deterministic method (see for example, Jacod et al. [16], Yang et al. 
[17], LiMing et al. [18], Punit and Niraj [19], Linlin and Jiajun [20], Yang et al. [21], Alsamieh [22], Zhang [23], Hansena 
et al. [24], and Hultqvist et al. [25, 26, 27]). The results of all previous studies showed that the effect of surface roughness 
could not be ignored when studying oil film thickness and pressure in precision equipment. The pressure and film 
thickness profile will vary depending on the wavelength and amplitude. The existence of surface roughness results in 
unpredictable variations in pressure and film thickness, which can be more severe on rough surfaces. 

To date, investigations of the characteristics of transient lubricated elastohydrodynamic rough contact surfaces 
exposed to intermittent motion have not been completed. Therefore, in this paper, the transient Reynolds equation, the 
film thickness equation incorporating the effects of elastic deformation and surface roughness, and the load equilibrium 
equation are to be solved using the Newton-Rapson with Gauss-Seidel iteration method. The effects of amplitude and 
wavelength changes on film and pressure profiles are visualized and analyzed at various time steps. The effects of varying 
the periods of the inactive motion and deceleration/acceleration on the characteristics of elastohydrodynamic lubricated 
smooth and rough contact surfaces are discussed and presented by the central and minimum film thicknesses and the 
central and maximum pressures throughout the contact zone. 

BACKGROUND THEORY 
The non-steady Reynolds equation can be presented dimensionless as follows:  
 

 
(1) 

 
where:  

 
 
The density change due to pressure was given as shown below by Dowson and Higginson in 1959:  
 

 
(2) 

 
where, ζ and ε are constants depending on the lubricant type. The relationship between viscosity and pressure was 

proposed by Roelands in 1966 as follows:  
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,  
(3) 

 
Figure 1 shows the computational representation of the domain of the elastohydrodynamic lubricated contact problem, 

where m and n are the entrance and exit lengths, respectively, and l is the lateral limit distance.  
 

 
Figure 1. Computational representation of the domain. 

The equation for the film thickness can be given as (see Gohar and Rahnejat [28] and AlSamieh [29]):  
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The third term in Eq. (4) represents the elastic deformation and can be represented by:  
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where, 1,1 +−=+−= jJjiIi  . The last term of the film thickness Eq. (4) represents the hypothetical sinusoidal 

surface topography where A and λ are the amplitude and wavelength in dimensionless, respectively. The Newton-Raphson 
method is applied to solve the Reynolds’ equation in the following form (see AlSamieh [22]): 

  

 
(6) 

 
The above Eq. (6) can be rewritten using the Gauss-Seidel iteration technique as follows:  
 

∆𝑃𝑃𝑘𝑘 ,𝑙𝑙
𝐴𝐴 =

�−𝐹𝐹𝐴𝐴 ,𝑗𝑗 − 𝐽𝐽𝑘𝑘−1,𝑙𝑙
𝐴𝐴,𝑗𝑗 ∆𝑃𝑃𝑘𝑘−1,𝑙𝑙

𝐴𝐴 − 𝐽𝐽𝑘𝑘+1,𝑙𝑙
𝐴𝐴 ,𝑗𝑗 ∆𝑃𝑃𝑘𝑘+1,𝑙𝑙

𝐴𝐴−1 − 𝐽𝐽𝑘𝑘 ,𝑙𝑙−1
𝐴𝐴,𝑗𝑗 ∆𝑃𝑃𝑘𝑘 ,𝑙𝑙−1

𝐴𝐴 − 𝐽𝐽𝑘𝑘 ,𝑙𝑙+1
𝐴𝐴 ,𝑗𝑗 ∆𝑃𝑃𝑘𝑘 ,𝑙𝑙+1

𝐴𝐴+1 �

𝐽𝐽𝑘𝑘 ,𝑙𝑙
𝐴𝐴 ,𝑗𝑗 ,𝑤𝑤ℎ𝑒𝑒𝑒𝑒𝑒𝑒  𝐽𝐽𝑘𝑘 ,𝑙𝑙

𝐴𝐴,𝑗𝑗 =
𝜕𝜕𝐹𝐹𝐴𝐴 ,𝑗𝑗 (𝑡𝑡)
𝜕𝜕𝑃𝑃𝑘𝑘 ,𝑙𝑙

 
 

(7) 

 
Using under-relaxation factor, the pressure can be evaluated in accordance to:  
 

 
(8) 

 
In Eq. (8), Ω is the relaxation deficiency factor, its value in the range (0.01-0.02). The pressure convergence criterion 

is:  
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The convergence criterion for load balancing is:  
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(10) 

where, U and V are the whole grid points in X and Y directions. 

RESULTS AND DISCUSSION 
Table 1 lists the lubricants, materials, and working parameters used in the present study. All the cases presented in 

this paper use an extended domain in the X-direction from - 2.5 to 2.5 and in the Y-direction from -1.6 to 1.6 to guarantee 
completely flooded conditions and fulfill the convergence criterion using a net grid point of 75×70 in the rolling and 
transverse directions, respectively. The time step selected in this analysis is Δt = 0.04ms. In fact, the selection of the total 
mesh size in both directions of rolling and transverse and the time increase is based on the fact that, by further increasing 
the node density in both rolling direction and transverse direction and the time step, the corresponding result film and 
pressure profiles can not be affected, and it can achieve rapid convergence of the solution at each time step. In the current 
analysis, the solution has to be reached within (2500–3500) steps during non-steady action. The total task processing time 
on a 3 GHz i5 CPU computer is roughly (8-12) hours. The entraining velocity versus time graph of the intermittent motion 
shown in Figure 2 was used by Duohuan et al. [12] and is applied to all conditions described in this paper. Duohuan et al. 
[12] assumed that a contact applied normal load of 75 N is used at a controlled lubricant temperature of 20ºC.  

Table 1. Lubricant, material, and working parameters. 
Designation Names Values 
ηo Viscosity  1.38 Pa.s 
α Viscosity coefficient for pressure  28 GPa-1 
ε Used constant in Eq. (2)  5.83x10-10 Pa 
ξ  Used constant in Eq. (2)  1.68x10-9 Pa 
E' Equivalent modulus of elasticity  226 GPa 
R Equivalent radius of curvature  0.0127 (m) 
w Load  75 N 

 

 
Figure 2. Speed variation with time. 

Comparison between the results of the current numerical solutions and those developed by Duohuan et al. [12] for 
smooth surfaces contact at the operating conditions shown in Table 1 are presented in detail in Figure 3 and 4 for a 
deceleration/acceleration period of 14 ms and an inactive period of 7 ms. These figures show the film profile and pressure 
distribution at various time steps in the direction of entraining motion through the central film; that is shown in Figure 3 
presented by Duohuan et al. [12], and that is shown in Figure 4 for the current numerical result. It is clear that the present 
numerical solution conforms well with those presented by Duohuan et al. [12].  

Film profile and pressure distribution at t = 1.75 sec (see Figure 3(a) and 4(a)) are the results at a maximum speed of 
0.5 m/s before the motion starts to decelerate. In this period, wedge action is dominant and the squeeze action effect is 
neglected. At the last instant of the deceleration period at t=15.75 ms, the pressure spike increases rapidly as the lubricant 
is entrapped between the two mating surfaces; see Figure 3(b) and 4(b). In this period, the effect of wedge action reduced 
and the action of squeeze effects became responsible for film thickness formation. At the last instant of inactive period at 
t=22.75 ms, the entrapped oil flows outside of the contact area leads to increase in the pressure at the periphery region, 
which appears as two pressure spikes, see Figure 3(c) and 4(c). As the motion has been restarted, the wedge action again 
increases with the increase of the entraining motion; see Figure 3(d), 3(e) and 4(d) to 4(g) at different snapshots of time 
(of 24.5, 25.5, 26.5 and 27.12 ms), respectively. During this period, the entrapped oil is removed outside of the contact 
so that the film profile resembles a wedge shape with a small pressure spike; see Figure 3(e) and 4(g). Finally, at t = 36.75 
ms (the contact speed reaches its maximum value), the effect of wedge action takes over, as shown in Figure 3(f) and 
4(h), and the film thickness and pressure profile shape resemble those shown in Figure 3(a) and 4(a) at the start of 
entraining motion. 
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(a) t = 1.75 ms (b) t = 15.75 ms (c) t = 22.75 ms 

   
(d) t = 24.5 ms (e) t = 27.125 ms (a) t = 36.75 ms 

Figure 3. Film profile and pressure distribution in the contact center after Duohuan et al. [12]. 

  
(a) (b) 

  
(c) (d) 

  
(e) (f) 
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(g) (h) 

Figure 4. Numerically predicted film profile and pressure distribution in the contact center. 

Figure 5 shows the characteristics of the lubricated conjunction presented by central and maximum pressure and 
central and minimum film thickness for various inactive periods of 7, 3.5, and 0.7 ms at a deceleration/acceleration period 
of 14 ms. At the uniform entraining speed of 0.5 m/s, the values of the central pressure, maximum pressure, central film 
thickness and minimum film thickness are 1.15 GPa, 1.6 GPa, 1.84 µm and 1.35 µm, respectively, while those obtained 
by Duohuan et al. [12] are 1.052 GPa, 1.65 GPa, 1.85 µm and 1.4 µm, respectively. The error is less than 8%. It is obvious 
that the central pressure settles at the uniform entraining speed at a value of 1.15 GPa, followed by a slow increase during 
the deceleration period, followed by a rapid increase during the stop time, followed by a rapid decrease. Then, the central 
pressure gradually increased to a value of 1.15 GPa, corresponding to the uniform speed of 0.5 m/sec. Center pressure 
height increases as stop time increases.  

 

  
(a) (b) 

  
(c) (d) 

Figure 5. Characteristic of the lubricated smooth conjunction for different inactive periods.  

It is seen that the maximum pressure is zigzag because of its position change over the contact area. Its value increases 
to more than 2.5 GPa during stop time and also increases with increasing stop time. At maximum entraining speed, the 
central film thickness is nearly equal to 1.82 m and decreases linearly with decreasing entraining speed. During the 
inactive period, the central film thickness is horizontal at about 0.85µm, followed by a constriction, which is the lowest 
film thickness—the lowest value of the central film thickness increases as the stop interval increases. Once the lowest 
part of the film thickness moves out of the conjunction, the central film thickness starts to increase again until it reaches 
1.82 µm at the uniform entraining speed. The minimum film thickness decreases slowly during stop time, as one would 
expect from pure squeeze film action, and decreases with increasing stop time. The physical explanations for this feature 
are that the increased inactive period allows more trapped lubricant to flow out of the contact area, resulting in reduced 
central and minimal film thickness. 

To see squeeze-action effect on film thickness formation within the period of intermittent motion, the squeeze-velocity 
ratio versus time is seen in Figure 6 for a 75 N applied load and entrainment speed pattern that is shown in Figure 2 for a 
maximum speed of 0.5 m/s for a deceleration/acceleration period of 14 ms and an inactive period of 7 ms. It is obvious 
that, initially, the entraining speed is maximum and that the wedge effect prevails in generating the load capacity as 
squeeze-velocity ratio of positive value occurs. This positive value does not affect the loading carrying capacity of the 
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contact surface. As a result of that, the film thickness of flat shape appears, and no indentation in the contact area confirms 
that the film thickness formation is due to the entraining speed; see Figure 3(a) and 4(a). During the deceleration period, 
the wedge action and squeeze action can be taken into account to determine the loading carrying capacity of the 
conjunction as a negative value of the squeeze effect occurs, resulting in dimple formation; see Figure 3(b) and 4(b). 
During the restarted period, the central film thickness shows gradual reduction because of a combined actions of sudden 
separation occurs due to the start of entraining motion and a lack amount of lubricant to fulfill completely flooded 
conditions. During this period, as the speed of entraning motion increases, the wedge effect increases and the effect of 
squeeze is neglected as a positive value occurs; see Figure 3(d) to 3(f) and 4(d) to 4(h). 

 

 
Figure 6. Squeeze ratio against time for smooth conjunction. 

The following part of this study is interested in studying the characteristics of the non-smooth surfaces of the lubricated 
contact conjunction subjected to the variation of the entrainment velocity that is shown in Figure 2. In this case, a surface 
with a sine wave is proposed to study the effects of change of amplitude and wavelength of the rough contact surface on 
film and pressure profile at various snapshots of time. Figure 7(a) and 7(b) show the waveforms considered in the present 
numerical solution. Figure 7(a) shows the amplitude change, while Figure 7(b) shows the variation in wavelength.  
 

  
(a) Amplitude variation (b) Wavelength variation 

Figure 7. Waviness pattern. 

Figure 8(A) and 8(B) show film profile and pressure distribution at various time steps for a deceleration/acceleration 
period of 14 ms and an inactive period of 7 ms under different surface amplitude waviness values ranging from 0.06 µm 
to 0.18 µm at wavelength value of 1.0 µm. In the same figures, film thickness and pressure profiles are presented with a 
smooth contact surface for the same working parameters for the purpose of comparison. It is clear that, in general, contact 
of a wavy surface leads to random variations of film and pressure profiles at various time steps. As the waviness amplitude 
values increase from 0.06 µm to 0.18 µm, large fluctuations in film and pressure profiles occur. The greater fluctuations 
in the pressure profiles as the waviness amplitude increases are attributed to the greater resistance of the liquid flow to 
contact due to the presence of the ripple. Therefore, to satisfy the flow continuity, a higher local pressure will be generated. 
Similar behaviour was also shown by Punit and Niraj [19] and Huang and Wang [30]. It can also be shown that the film 
and pressure profile shape for the wavy surface case are almost the same as previously described for the smooth surface 
case at various time steps; the only difference is that the waviness is imposed on the film and pressure profiles.  
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(A) Film thickness profile 

  
(a) (b) 

  
(c) (d) 

  
(e) (f) 

  
(g) (h) 

(B) Pressure distribution 

  
(a) (b) 
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(c) (d) 

  
(e) (f) 

  
(g) (h) 

Figure 8. Numerical prediction of (A) film profile and (B) pressure distribution in the contact center under different 
amplitude waviness with a wavelength of 1.0 µm. 

Figure 9 shows the characteristics of the lubricated wavy conjunction presented by central and maximum pressure and 
central and minimum film thickness with time for different amplitudes of waviness ranging from 0.06 µm to 0.18 µm at 
wavelength waviness of 1.0 µm for a deceleration/acceleration period of 14 ms and an inactive period of 7 ms. It is clear 
that the same behaviour for the central and maximum pressure and the central and minimum film thickness as that for the 
smooth surface contact described above and shown in Figure 5. The central and maximum pressures increase as the 
amplitude value increases, and the central and minimum film thickness decrease as the amplitude value increases. At the 
uniform entraining speed of 0.5 m/s, the values of the central pressure are 1.15 GPa, 1.34 GPa, 1.53 GPa and 1.71 GPa 
and the values of maximum pressure are 1.6 GPa, 1.7 GPa, 2.14 GPa and 2.25 GPa for smooth surface, 0.06 µm, 0.12 
µm, 0.18 µm amplitude waviness variation, respectively. The central film thickness is 1.84 µm, 1.83 µm, 1.82 µm and 
1.81 µm and the minimum film thickness is 1.35 µm, 1.3 µm, 1.25 µm and 1.2 µm for smooth surface, 0.06 µm, 0.12 µm, 
0.18 µm amplitude waviness variation, respectively. It can be observed that an increase in the amplitude of the roughness 
results in a tendency of the minimum film thickness towards a zero value and the final result being the failure of the two 
contact surfaces. 

Film thickness profile and pressure distribution comparisons under various surface wavelengths of 0.5 µm to 2.0 µm 
at various time steps during speed variation shown in Figure 2 for the same working conditions mentioned previously are 
shown in Figure 10(A) and 10(B) at an amplitude waviness of 0.12 µm for a deceleration/acceleration period of 14 ms 
and an inactive period of 7 ms. It is shown that the variation in film thickness and pressure amplitude becomes more 
noticeable when the surface wavelength is reduced from 2.0 μm to 0.5 μm. The minimum film thickness decreases as the 
surface wavelength decreases. In fact, this is due to greater flow resistance at sharp asperities, see Punit and Niraj [19] 
and Huang and Wang [30].  
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(a) (b) 

  
(c) (d) 

Figure 9. Characteristic of the lubricated conjunction under different amplitude waviness for a wavelength of 1.0 µm. 

(A) Film thickness profile 

  
(a) (b) 

  
(c) (d) 

  
(e) (f) 
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(g) (h) 

(B) Pressure distribution 

  
(a) (b) 

  
(c) (d) 

  
(e) (f) 

  
(g) (h) 

Figure 10. Numerical prediction of (A) film profile and (B) pressure distribution in the contact center under different 
wavelengths for amplitude waviness of 0.12 µm.  

Figure 11 shows the characteristics of the lubricated conjunction presented by central and maximum pressure and 
central and minimum film thickness with time for various wavelength waviness ranging from 0.5 µm to 2.0 µm at an 
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amplitude waviness of 0.12 µm for a deceleration/acceleration period of 14 ms and an inactive period of 7 ms. It is seen 
that the same behaviour for the film thickness and pressure as that for the smooth contact surface described before and 
presented in Figure 5. As the wavelength value increases, the center pressure and maximum pressure of the contacts 
decrease, while at the same time increasing the center and minimum film thickness. Initially, at the uniform entraining 
speed of 0.5 m/s, the central pressure values are 1.15 GPa, 1.75 GPa, 1.53 GPa, and 1.38 GPa, and the maximum pressure 
values are 1.6 GPa, 2.3 GPa, 2.14 GPa, and 2.0. GPa for smooth surface, 0.5 µm, 1.0 µm, and 2.0 µm wavelength variation, 
respectively. The central film thickness is 1.84 µm, 1.83 µm, 1.82 µm and 1.80 µm and the minimum film thickness is 
1.35 µm, 1.33 µm, 1.27 µm,  and 1.23 µm for smooth surface, 0.5 µm, 1.0 µm, and 2.0 µm wavelength waviness variation, 
respectively.  

 

  
(a) (b) 

  
(c) (d) 

Figure 11. Characteristics of the lubricated conjunction under different wavelength waviness for amplitude of 0.12 µm. 

The effect of increasing the stop period on the characteristics of the lubricated conjunction for smooth and wavy 
contact surfaces is presented in Figure 12. In this case, the total period time is 0.1 sec and the inactive period is 0.05 sec 
for the same deceleration/acceleration period of 0.014 sec and for the same operation condition of a maximum speed of 
0.5 m/s and an applied contact load of 75 N for a wavy surface of 0.06 µm amplitude and a wavelength of 1.0 µm. Initially, 
at a maximum entrainment speed of 0.5 m/s, the central pressure, maximum pressure, central film thickness, and minimum 
film thickness values for the smooth surface case are 1.1 GPa, 1.5 GPa, 1.85 μm, and 1.35 μm respectively, while those 
obtained for the case of a wavy surface are 1.17 GPa, 1.73 GPa, 1.88 μm, and 1.3 μm, respectively. It is clear that, during 
this period, the central and maximum pressure values increase for the wavy surface and the center and minimum film 
thicknesses values decrease compared to the smooth contact surface. During the inactive period, the film thickness at the 
center of the contact is uniform at a value of 1.1 µm, followed by construction before it increases to its steady-state value 
of 1.85 µm as the entraining speed reaches a maximum value of 0.5 m/s. During this period, the minimum film thickness 
is reduced and reaches zero in the case of rough contact surfaces by increasing stop time. Therefore, for a long drop 
period, the mating surfaces stick together, and the oil film cannot separate the two mating surfaces. Both the central and 
maximum pressures have approximately the same characteristics. The central pressure during the inactive period is 
uniform at approximately a value of 1.42 GPa and 1.71 GPa for smooth and wavy surfaces, respectively, followed by a 
drop in the central pressure before it increases to its steady-state value of 1.1 GPa and 1.17 GPa for smooth and wavy 
surfaces, respectively, as the entraining velocity increases to its maximum value. The maximum pressure through the 
inactive period increases to a uniform value of 2.25 GPa and 2.55 GPa for smooth and wavy surfaces, respectively, 
followed by a drop in the maximum pressure before it increases to its steady-state value of 1.5 GPa and 1.73 GPa for 
smooth and wavy surface respectively, as the entraining velocity increases to its maximum value.  
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Figure 12. Characteristics of the lubricated conjunction for inactive period of 0.05 sec. 

Finally, the effect of varying deceleration/acceleration intervals on a non-steady oil film and pressure build-up for a 
contact of smooth and rough surfaces is discussed and analyzed in this section for an applied contact load of 75 N and a 
maximum entrainment speed of 0.1 m/s. In this case, the total time interval is 2.5 sec, and the deceleration/acceleration 
interval varies from 0.5 sec to 0.01 sec at a fixed value of the stop time of 1.0 sec. Note that the larger the 
deceleration/acceleration periods, the smaller the deceleration/acceleration and vice versa. Figure 13 shows the effect of 
varying deceleration/acceleration periods on a non-steady oil film and pressure build-up for smooth contact surfaces. 
Initially, at the uniform entraining velocity, the central, maximum pressure and the central, minimum film thickness 
values are 1.1 GPa, 1.1 GPa, 0.72 µm, 0.42 µm, respectively. At the end of the deceleration phase, it is seen that reducing 
the deceleration/acceleration period (increasing acceleration/deceleration) leads to an increase in the central and minimum 
film thicknesses. This means that the central and minimum film thickness at the end of the deceleration/acceleration 
period is smaller for the deceleration/acceleration period of 0.5 sec than those for the deceleration periods of 0.1 sec, 0.05 
sec, and 0.01 sec. This feature is attributed as the deceleration/acceleration periods decrease; the oil film does not have 
time to come out of the contact surface, so the center and minimum film thickness increase. This phenomenon can also 
be explained by referring to Figure 14, where the squeeze ratio versus time is presented for various 
deceleration/acceleration periods of 0.5 sec, 0.1 sec, 0.05 sec, and 0.01 sec at a fixed inactive period of 1.0 sec. It can be 
observed that, as the deceleration/acceleration periods decrease, the squeeze ratio of the largest negative value occurs, 
resulting in an increase in the central and minimum film thickness. Furthermore, it is clear that the central and maximum 
pressure increase during the stop time interval with the decrease of the deceleration/acceleration period. 

Figure 15 shows the effect of deceleration/acceleration period variation on a transient oil film and pressure build-up 
for a wavy surface with a 0.03 µm amplitude and a wavelength of 1.0 µm for the same condition mentioned previously. 
Initially, at the maximum entrainment speed of 0.1 m/s, the central, maximum pressure and the central, minimum film 
thickness values are 1.15 GPa, 1.23 GPa, 0.71 µm and 0.41 µm, respectively. At the end of the deceleration phase, it is 
obvious that the decrease in the deceleration/acceleration periods results in an increase in the central film thickness and 
does not affect the minimum film thickness. This means that the minimum film thickness tends to zero at the end of the 
deceleration period regardless of the deceleration/acceleration periods. Comparing Figure 13 and 15, it is clear that the 
central and minimum film thickness at the end of the deceleration period are smaller for the case of the wavy surface 
shown in Figure 15 than those shown in Figure 13 for the smooth surface for different decelerations/acceleration periods. 
This feature is due to the fact that surface roughness reduces fluid flow by reducing the area available for flow, leading 
to a reduction in the central and minimum film thicknesses.  
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Figure 13. Characteristics of the lubricated smooth conjunction for different deceleration/acceleration periods of time 
stop 1.0 sec. 

 
Figure 14. Central squeeze ratio versus time for smooth conjunction for various deceleration/acceleration periods.  

Figure 16 shows the squeeze ratio versus time for different deceleration/acceleration periods for a wavy surface. It is 
clear that the squeeze of maximum negative value occurs at the lowest of the deceleration/acceleration period. The 
characteristics are similar for the central and maximum pressure shown in Figure 15 for wavy surfaces and those shown 
in Figure 13 for smooth surfaces, except that the central and maximum pressure values increase for the wavy surface due 
to the amplitude of the roughness, which causes greater resistance to the flow and thus more pronounced pressure; see 
Punit and Niraj [19] and Huaiju Liu [31]. Unfortunately, no other previous numerical or experimental study of 
elastohydrodynamic lubrication contact problem exists where the contact of undulating surfaces undergoes intermittent 
velocity changes for comparison. This area requires further research effort, as surface contact in real-world applications 
can experience changes in speed, shape, and load simultaneously, and it is hoped that this and other studies will lead to 
further research. 
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Figure 15. Characteristics of the lubricated wavy conjunction for different deceleration/acceleration periods of time 
stop 1.0 sec.  

 
Figure 16. Central squeeze ratio versus time for wavy conjunction for various deceleration/acceleration periods.  

CONCLUSION 
In this paper, characteristics of transient elastohydrodynamic lubrication of both smooth and wavy surface contacts 

exposed to intermittent motion are discussed. Non-steady Reynolds’ equation with a film thickness equation incorporating 
surface contact of sinusoidal waves is presented to investigate the effect of amplitude and wavelength changes on the film 
thickness profile and pressure distribution at various time steps. The effects of varying inactive periods of time and 
deceleration/acceleration periods on the characteristics of lubricated conjunction presented by the central and minimum 
film thickness and the central and maximum pressure are discussed. The results revealed that the wavy surfaces lead to 
fluctuations in the film profile and pressure distribution. Increasing the wave amplitude, the extra fluctuations of pressure 
and film profile. The change in wavelength indicates that fluctuations of film and pressure amplitude become a little more 
noticeable as wavelength increases. The pressure distribution and film thickness profile for the wavy contact surface case 
is almost the same as for the smooth contact surface case. The only difference between the two contacting surfaces is the 
fluctuation in pressure profile and film thickness. The central and maximum pressure increase, while the central and 
minimum film thickness decrease compared to the smooth contact surface. Effects of varying inactive periods on the 
characteristics of lubricated conjunction showed that, during a long stop period, the oil minimum film thickness reached 
a zero value, and as a result, the contact surfaces stick together, and the oil film fails to separate the two contacting 
surfaces, especially in the case of the wavy contact surface. In this case, the squeeze action is not effective in supporting 
the load capacity. The central and maximum pressure heights increase during the stop time interval as stop time increases. 
The results related to the variation of deceleration/acceleration period effects on the characteristics of lubricated 
conjunction revealed that a decrease in deceleration/acceleration period (increased deceleration/acceleration) results in 
an increase in the central and minimum film thickness at the end of the deceleration phase for a smooth contact surface 
and has no effect on the minimum film thickness for a rough contact surface. The minimum film thickness tends to be 
zero at the end of the deceleration phase regardless of the deceleration/acceleration periods for rough surfaces. The central 
and maximum pressure increase during the stop time interval with the decrease of the deceleration/acceleration period.  
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